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A BSTRACT
The original lottery ticket hypothesis posits that neural networks used in practice
contain sparse subnetworks that are capable of training from initialization to the
same accuracy as the full network. We evaluate the possibility that normalization may be responsible for the failure to find these subnetworks in larger-scale
settings. To do so, we study residual networks implemented with Fixup initialization, which obviates the need for batch normalization. When the lottery ticket
procedure is applied, the resulting subnetworks display behavior similar to those
from standard residual networks, suggesting that normalization alone cannot explain these failures. In doing so, we the extend existing lottery ticket hypothesis
findings to an entirely new setting.
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I NTRODUCTION

The lottery ticket hypothesis (Frankle & Carbin, 2019) contends that neural networks used in practice contain sparse subnetworks capable of training to the same accuracy as the full network. These
matching subnetworks comprise less than 10-20% of weights from original fully-connected and
convolutional feed-forward architectures, improving storage and computational efficiency.
Small-scale image classification networks, such as MNIST and CIFAR-10, empirically support the
original claim that matching subnetworks can be found when trained from initialization. However, in
larger scale settings—for example, ResNets for image classification and Transformers for machine
translation—the same behavior is not found (Liu et al., 2019; Gale et al., 2019; Yu et al., 2020).
Instead, existing pruning strategies find sparse, trainable networks only when using parameters from
early in training rather than those from initialization (Frankle et al., 2019).
Many factors may explain this change in behavior in larger-scale settings. In this paper, we consider
the role of normalization with respect to the lottery ticket hypothesis. Techniques such as batch
normalization (BatchNorm; Ioffe & Szegedy, 2015) and layer normalization (Ba et al., 2016) have
become ubiquitous in contemporary neural network architectures due to improved accuracy in a
reduced training time. Settings in which winning tickets can be found lack normalization; settings
in which they cannot be found (without modifications to hyperparameters) utilize normalization.
There are compelling reasons to believe that normalization could be responsible for this inability
to find matching subnetworks in larger networks when trained from initialization. The precise role
of BatchNorm remains a subject of debate in the literature: the technique was originally proposed
as a solution to internal covariate shift, but reasons behind its effectiveness have been contested.
(Ioffe & Szegedy, 2015; Balduzzi et al., 2017; Santurkar et al., 2018; Bjorck et al., 2018; Morcos
et al., 2018; Kohler et al., 2019; Yang et al., 2019; Luo et al., 2019). One alternative explanation is
that BatchNorm introduces length-direction decoupling in parameter optimization. Another is that
it alters the nature of the optimization landscape, potentially interacting with instability behavior.
Frankle et al. (2019) connect the accuracy achieved by sparse subnetworks to the structure of the
optimization landscape: lottery ticket subnetworks found by pruning only train to full accuracy when
the result of optimization is stable to stochastic gradient descent noise.
Fixup initialization. Simply removing batch normalization from a residual network would dramatically reduce its allowable range of learning rates, decreasing accuracy (Bjorck et al., 2018). To
maintain target accuracy, we train residual networks for CIFAR-10 with Fixup initialization (Zhang
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et al., 2019), an initialization scheme that makes it possible to train ResNets without batch normalization to standard performance with standard hyperparameters. By doing so, we can evaluate the
properties of sparse subnetworks found in networks trained with and without batch normalization.
Potential outcomes. Applying the procedure outlined in the original lottery ticket paper (Frankle &
Carbin, 2019) to residual networks, we expect one of three behaviors from the subnetworks that use
Fixup initialization in place of batch normalization:
• Matching subnetworks can be found at increased sparsities. Such a behavior would offer
evidence that batch normalization hinders the behavior of the lottery ticket hypothesis on
larger networks.
• Matching subnetworks can be found only at decreased sparsities. This would offer evidence that the current behavior is reliant on some component of batch normalization.
• Pruned Fixup and BatchNorm subnetworks exhibit similar properties. This would imply
that batch normalization is not responsible for the behavioral change of the lottery ticket
hypothesis on larger networks. In addition, it would demonstrate that the lottery ticket
observations are robust to changing the normalization scheme of the network.
Results. We find that the third outcome holds. Specifically, residual networks trained using Fixup
initialization exhibit lottery ticket behavior. Neither standard ResNets (with BatchNorm) nor Fixup
ResNets find winning tickets at initialization; accuracies of the subnetworks early in training for
Fixup networks are comparable to those found in standard ResNets. We conclude that normalization
alone cannot explain the inability to find winning tickets in larger-scale settings. However, in doing
so, we reveal that subnetworks originating from Fixup’s BatchNorm-free regime also display known
lottery ticket behaviors, namely the presence of sparse, trainable subnetworks early in training.

2

M ETHODOLOGY

The original lottery ticket hypothesis describes the following procedure to find matching subnetworks from initialization (Frankle & Carbin, 2019). This procedure successfully discovers matching
subnetworks in the small-scale image classification networks described earlier in the text:
1. Randomly initialize a dense neural network and store these weights
2. Train the network to completion
3. Globally prune p% of weights with the smallest magnitude
4. Reset the remaining parameters to their stored weights
5. Repeat steps 2-4 until reaching the desired level of sparsity—the resulting subnetwork
should contain significantly reduced parameters yet perform to similar accuracy
Modification for larger networks. To analyze the behavior of the hypothesis on larger networks,
follow-up work introduced the concept of rewinding (Frankle et al., 2019). To rewind to a specified
point early in training, store the weights obtained at this point at each iteration (step 2). Then reset
the parameters (step 4) to these stored weights rather than weights from initialization. Prior lottery
ticket work on larger networks reveals that, though matching subnetworks cannot be found when
rewinded to initialization, they can indeed be found when rewinded to points early in training.
Fixup implementation. To analyze performance in larger networks, we apply the lottery ticket
procedure to ResNet-20 with standard batch normalization as well as ResNet-20 with fixed-update
initialization (Fixup initialization) at various rewinding points. Fixup initialization (Zhang et al.,
2019) is a scheme that aims to enable residual networks to achieve comparable performance on
image classification and machine translation tasks, without the use of normalization.
The initialization was designed such that the gradient updates to the network function are independent of network depth, informed by the derivation of a lower bound of the gradient norm at
initialization. In addition to several other modifications (e.g. adding scalar multiples and biases),
1
the procedure involves scaling weight layers inside residual branches by L− 2m−2 , where L denotes
the number of residual branches in the network and m denotes the number of layers per branch.
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Figure 1: Subnetwork accuracy by pruning iteration at various rewinding points Left: Standard
ResNet with batch normalization. Right: ResNet with Fixup initialization. Both exhibit similar
patterns in accuracy; the overall accuracy of Fixup is slightly below that of batch normalization.

3

R ESULTS

Baseline behavior. Applying the methodology to the original and Fixup ResNet variations allows
us to compare the two behaviors. The left plot in Figure 1 displays the behavior of lottery ticket hypothesis procedure on the original ResNet with BatchNorm at various rewinding points. Rewinding
to initialization, the subnetwork accuracy decreases as the number of pruning iterations increases.
As a result, we are unable to find matching subnetworks at extreme sparsities. Rewinding to points
incrementally later in training, subnetwork accuracy gradually and steadily improves such that we
begin to find matching subnetworks at later pruning iterations, uncovering behavior that mimics
lottery ticket behavior on small-scale networks more closely.
Fixup behavior. In comparison to the original baseline, the Fixup implementation displays an
overall accuracy lower by roughly 1-2%. However, we find that both networks follow a similar
progression of subnetwork accuracy over pruning iteration. When rewinding to initialization, the
subnetwork accuracy steadily drops across pruning iteration. When rewinded to points incrementally
later in training, the subnetwork accuracy shows gradual improvement in a manner similar to that of
the original baseline. By observation, however, this accuracy fluctuates somewhat erratically when
compared to the original BatchNorm variant.

4

D ISCUSSION AND C ONCLUSION

Our foray into batch normalization alternatives began with the intention of investigating why matching subnetworks cannot be found at initialization in larger networks. Exploring the role of normalization in these networks was a logical direction, as networks in which the lottery ticket hypothesis
did not perform as expected coincided with networks that adopted batch normalization, a technique
that has become a standard component of larger networks. Replacing batch normalization with
Fixup initialization, we find that both networks have surprisingly similar behavior: neither finds
matching subnetworks at initialization, yet both gradually uncover matching subnetworks when rewound to later points. As a result, we argue that lottery ticket behavior on larger networks is not due
to normalization and suggest that another factor is responsible for this behavior.
Future work. Alternate schemes exist as replacements to batch normalization. Group normalization
(Wu & He, 2018) does not take batch size into consideration while normalizing. Weight normalization (Salimans & Kingma, 2016) decouples length and direction during reparameterization and, with
initialization based on mean field approximation (Arpit et al., 2019), achieves comparable performance to batch normalization. A similar exploration of such schemes could provide further evidence
that BatchNorm is not responsible for the lottery ticket behavior of larger networks.
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